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Nitrogen-fixing organisms are of importance to the environment, providing bioavailable nitrogen to the
biosphere. Quantitative models have been used to complement the laboratory experiments and in situ
measurements, where such evaluations are difficult or costly. Here, we review the current state of the
quantitative modeling of nitrogen-fixing organisms and ways to enhance the bridge between theoretical
and empirical studies.
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1. Introduction

1.1. Nitrogen fixation and its influence in the environment

Biological nitrogen fixation (hereafter ‘‘N2 fixation”) is the dom-
inant source of reactive nitrogen (N) in the Earth system, far
exceeding abiotic sources from lightning [1–4]. It provides
bioavailable N to the biosphere supporting organismal growth of
various trophic levels and human lives (Fig. 1). On land, bioavail-
able N (fixed by e.g., Rhizobium [5–8] and free-living bacteria
[4,7–9]) is transferred to the primary producers (e.g., plants,
cyanobacteria), which are then transferred to consumers. N2 fixa-
tion is of special interest in agricultural sectors [7–10], since it is
an environmentally sustainable source of bioavailable N, reducing
the use of fertilizer, which is economically and environmentally
costly [8–10].

In the ocean, the majority of N2 fixation is performed by
prokaryotic phytoplankton, which is then consumed by larger
plankton and by fish, some of which are consumed by human
beings (Fig. 1). The fixed N released (often combined with C) from
these organisms is a component of ecosystem N inputs [11,12]. It
has been estimated that about a half of fixed, or bioavailable N,
originates from microbial N2 fixation, important also for the cou-
pled the C cycle [1,13]. A greater oceanic inventory of fixed N
may increase the primary production [11,14,15] and export of
organic C to the deep ocean [11,14].

1.2. Key controls for N2 fixation and their management at a cellular
level

Although N2 fixation has an influence at the ecosystem scale,
the rate of N2 fixation is constrained at a cellular level. In this sec-
tion we explore major limiting factors (i.e. reduced C, inorganic
nutrients and O2) and how the cells acquire and manage them.
These are the key factors in the development of the models for
N2 fixing organisms (hereafter N2 fixers).

1.2.1. Reduced C
N2 fixation requires electrons and energy:

N2 þ 8e� þ 10Hþ þ 16ATP þ 16H2O

! 2NHþ
4 þ H2 þ 16ADP þ 16Pi ð1Þ
3906
Reduced C, such as carbohydrates and lipids, provides the elec-
trons and energy for N2 fixation, thus influencing the rate of N2 fix-
ation, especially when C is limited and/or other nutrients are
abundant. Organic carbon is oxidized by metabolic processes
(e.g., TCA cycle), providing reducing agents (e.g., NADH) [16–19],
which are used to transfer electrons to nitrogenase [20–22]. Such
reducing equivalents donate electrons to the electron transport
chain and ATP synthesis [16,17], the energy carrier for stepwise
reduction of N2 to ammonia (NH3) [23,24], most of which is
instantly converted to ammonium (NH4

+) at typical intracellular
cellular pH.

There are three main ways to acquire organic C (Fig. 2A). One is
from the external environment (heterotrophic C acquisition),
which is common in soil [9] and sediments [25], but recognized
in the open ocean as well [26]. In this case, the availability of
organic C limits the rate of N2 fixation [27]. The second way is
through photosynthesis, in which light energy is used to separate
electrons from water, which in turn is used for reducing CO2

[16–18]. In this way, the cells can access a ubiquitous source of C
but light availability is essential and thus the process is limited
to the day time in the surface ocean. The third way is through sym-
biosis with photoautotrophic organisms, such as plants and phyto-
plankton [28–32]. The photoautotrophic hosts provide C to the N2

fixer, and in return, the N2 fixers provide fixed N to the host.
1.2.2. Phosphorus and iron
Phosphorus (P) and iron (Fe) are also important for N2 fixation

[33–38]. Fe is an essential trace metal for N2 fixation as it forms
co-factors for nitrogenase (nitrogen-fixing enzyme) [23,24]. P, on
the other hand, influences the rate of N2 fixation rather indirectly,
as it is used for various parts of the cells that holds nitrogenase,
such as cell membrane, ATP (energy transferring molecule), DNA
and RNA [16–19]. We note that nitrogenase requires other trace
metals such as molybdenum (Mo) and vanadium (V) [24,39–42].
In this review, we focus on Fe, since it has been more explicitly rep-
resented in quantitative models.

Inorganic forms of these nutrients are transported into the cell
by transporters [43–45], since these molecules are generally
charged in water (e.g., PO4

3�, Fe2+) and do not usually go through
cell membrane. Cells have various strategies for acquiring these,
such as the use of high affinity transporters for PO4

3� [43,46] and
physical attachment to Fe rich particles [47]. Some cells live within



Fig. 1. N flows in (A) terrestrial and (B) marine systems. ‘‘N” indicates fixed N whereas ‘‘N2” indicates dinitrogen gas.
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other microbial cells or are symbiotic to plants [28–32], potentially
acquiring these molecules from the hosts. We note that organic P
[43,46,48] and Fe associated with organic molecules [49–52] can
also be used by N2 fixers.

1.2.3. O2

O2 is essential for respiration but is rather detrimental for N2

fixation [53–55]. Especially, under normal aquatic O2 concentra-
tions, the Fe protein in nitrogenase complex loses its activity irre-
versibly [54]. Thus, N2 fixing cells must create a low oxygen
environment in the cytoplasm, where nitrogenase exists, to enable
N2 fixation. This is particularly challenging for photosynthetic N2

fixers since photosynthesis produces O2 [16–19]. One simple way
3907
to avoid it is to fix N2 during the night [56–59] (Fig. 2B). Because
photosynthesis requires light and only occurs during the day, the
dark period is an ideal time for N2 fixation. However, this strategy
is not universal; some photoautotrophic organisms fix N2 during
the day (e.g., Trichodesmium and Anabaena) [60–63]. Some of these
organisms (e.g., Anabaena) form filaments and have differentiated
cells (heterocysts) for N2 fixation [64,65], segregating the sites of
photosynthesis and N2 fixation.

Although these strategies are effective in managing photosyn-
thetically originated O2, they may not be sufficient, since the
non-polar O2 molecules can diffuse into the cell from the external
environment [66,67]. O2 in the environment is often high (e.g.,
generally > 150 mM in the surface ocean [68–70] and nearly satu-



Fig. 2. Strategies for (A) Biomass (organic) C acquisition and (B) O2 management. Here ‘‘C” in a yellow oval represents biomass C. The following are example organisms: (A)
Heterotrophic: Azotobacter, Clostridium. Photoautotrophic: Crocosphaera, Trichodesmium, Anabaena. Symbiotic: Rhizobium, UCYN-A. (B) Cellular differentiation: Anabaena,
Richelia. Temporal Segregation: Crocosphaera, Cyanothece. O2 barrier: Azotobacter (proposed [72], predicted [53] and supported [81,82]), Crocosphaera (predicted [53,75]),
Anabaena, Trichodesmium (predicted [83,84]). Respiratory protection: Azotobacter, Crocosphaera (predicted [75,85]), Trichodesmium (predicted [83]). Living in low O2

environment, Clostridium. (For interpretation of the references to colour in this figure legend, the reader is referred to the web version of this article.)

K. Inomura, C. Deutsch, T. Masuda et al. Computational and Structural Biotechnology Journal 18 (2020) 3905–3924
rated (~20% O2) in the shallow layers of soil [71]), which creates
gradient of O2 concentration that favors O2 flows from the external
environment into the cell (Fick’s first law of diffusion).

One way that organisms manage this problem is to create a bar-
rier around the cytoplasm (Fig. 2B) [64,72,73]. Such a barrier would
minimize the O2 diffusion and allow the cells to keep the steep gra-
dient of O2 between the cytoplasm and external environment.
However, an excessive barrier could also limit the diffusive source
of N2. Another way to manage O2 is respiratory protection (i.e. res-
piration to reduce intracellular O2) [53,74]. Even if there is a high
O2 flux into the cell, if the rate of respiration matches the flux, a
low intracellular O2 can be maintained [27,53,75]. Finally, there
are organisms that live in low O2 environments such as in sedi-
ments [25,76,77] and Oxygen Minimum Zones in water columns
(OMZs) [78], circumventing the O2 problem. Some symbiotic sys-
tems may provide local environments with low O2 [79,80]. The
3908
threshold of environmental O2 below which N2 fixation occurs
depends on the potential level of respiration and other O2 manage-
ment mechanisms (such as O2 barrier) [53].

1.3. Quantitative modeling of N2 fixers

To quantify the activities of N2 fixers and the effect of the fac-
tors controlling N2 fixation, extensive measurements have been
conducted in the open ocean [86–88] and on land [10,89,90]. To
study the physiology of N2 fixers, a significant number of experi-
ments and in situ observation have also been conducted
[9,91,92]. However, there are still significant unknowns and exper-
iments/observations are generally costly and many properties are
difficult to measure: even major methods for measuring the rate
of N2 fixation have been questioned [93–97] and it is still challeng-
ing to directly measure the intracellular concentration of O2, which



Table 1
Some modeling terms and definitions in this paper.

Name Definition

Quantitative model A mathematical description combined with
quantification of a phenomenon, often solved by
computers. In this paper, we simply use a term
‘‘model” for such a model. The antonym for this
term is ‘‘qualitative model”, which describes
phenomenon without numerical evaluation. In this
paper we focus on quantitative approaches.

Biogeochemical model A mathematical description or simulation of
biologically, chemically and physically mediated
elemental and chemical fluxes in the environment.
Typically focused on ecosystem and global scales,
and relationships with the Earth’s environment. In
global-scale biogeochemical simulations,
biological growth and activities are generally
highly simplified and often implicit.

Ecological/Ecosystem
model

A model that simulates the growth and activities of
biological organisms (generally two or more) in a
particular environment (from regional to global
scales).

Cellular/Physiological/ A model that simulates the metabolism of
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is detrimental to nitrogenase, the N2 fixing enzyme complex
[53,54].

Quantitative models (see Table 1 for the definition) have been
used to complement biological measurements, providing mathe-
matical theories to interpret observations, formulate new hypothe-
ses, and make predictions where data are missing (Fig. 3). For
example, based on the model of simple cellular metabolisms as
well as the available environmental factors (such as nutrient, light
and temperature), models may predict the rate of N2 fixation as
well as intracellular concentration of O2 as well as the fate of intra-
cellular C or cellular growth [27,53,83,98–100]. Such models of N2

fixers can be used to quantitatively interpret experimental data
(e.g., what controls the growth or N2 fixation rates of cells at a cer-
tain time point or under a certain condition?). They can also be
implemented in larger-scale ecosystem simulations, such as terres-
trial [101–103] and regional [104,105] and global [106,107] ocean
models, which are used for interpreting in situ observations of bio-
geography and N2 fixation rates [88,106,108–110] and for predict-
ing changes in global ecosystems (such as plankton competitions
and food transfers) [104,106], biogeochemical cycles (such as N,
C, and trace metal cycles) [104,107,111,112], and climate [113–
117].
Metabolic model microbial cells, resolving fluxes and sometimes
reservoirs of molecules within the cell.

Optimization model A model in which parameters are tuned
systematically in order to best match observed
states or to fulfill certain conditions, such as
maximization of a certain output (e.g., biomass
production).

Slash ‘‘/” in the name indicates that we use these terms interchangeably.
2. Type of model

A number of models have been developed to express physiology
of N2 fixers, but they can broadly fit into one of the three groups:
simple equations (analytical theory with relatively small number
of equations and variables), coarse-grained models, and detailed
metabolic models (Fig. 4). The resolution of metabolic processes
increases in this order, but computation becomes less efficient
(i.e. taking longer time for the same amount of computational
power) and model-data comparison becomes harder. These three
types of models are complementary to each other and are used
for different purposes. We describe each type with examples in
the following part.
Fig. 3. Roles of quantitative models of N2 fix
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2.1. Simple equations

The simplest category of models describes populations and
rates with only a few equations, often used as a part of the ecolog-
ical models. Good examples are Monod-type (Michaelis-Menten
ers. Arrows indicate causes and effects.



Fig. 4. Schematics of three different types of models. lmax: maximum growth rate. K: half saturation constant for growth based on nutrient concentration following Monod
kinetics [118], widely used in ecosystem modeling [102,104,107,124]. Examples of coarse-grained model and detailed metabolic model include Cell Flux Model (CFM)
[53,75,83,121]. One widely used detailed metabolic model is Flux Balance Analysis (FBA) [135–138].
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like saturating relationship) equations [118] used in ecosystem
models (see Table 1 for the definition) [104,106,119], where the
growth rate is described as a simple function of external environ-
mental factors, such as light, temperature and nutrients. The rate
of N2 fixation can be calculated based on the growth and elemental
stoichiometry of the cells. Specifically, these models compute N2

fixation by multiplying the growth rate, biomass N per cell, and cell
population such that N2 fixation is implicitly sufficient to meet
nitrogen demand. In such models, intracellular properties, such
as elemental stoichiometry of cells and macromolecular alloca-
tions, are generally assumed constant, despite the fact that in real-
ity they generally vary significantly [120–123].

Despite their simplicity, simple equations are the main way to
express physiology of N2 fixers in large-scale models, such as ocean
ecosystem models [104,106,119,124]. One key reason is computa-
tional efficiency; more complex biological descriptions require
more state-variables and more computational operations, thus
increasing both memory and processing demands which can
become prohibitively expensive. Although highly idealized, these
ecosystem models with simple equations seem to broadly capture
the observations [104,106,110,125]. Here, it is assumed that the
growth rates of N2 fixers are not limited by N but by P and Fe,
allowing them to acquire a niche where N is scarce. In general,
the effects of the ‘‘end product suppression” by fixed N are not con-
sidered, despite its potential importance. Using the simplified
equations, we can connect to ecological theory for the shaping of
communities: under steady state conditions the simplified equa-
tions lead to a resource supply ratio theory, suggesting that the
niches of N2 fixers are constrained based on the ratio of nutrient
sources (specifically N, P, Fe) [34,126].

Idealized mathematical descriptions (simple equations) are also
developed and employed for terrestrial simulations. Some models
simply assume that the rate of N2 fixation is proportional to the
amount of biomass [103,127–129]. Other models assume that the
rate of N2 fixation is a function of temperature [101,130]. Similar
to ocean models, Michaelis-Menten type equations are often used,
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where the rate of N2 fixation is calculated based on the available C
and N [102]. It is noteworthy that most models are formulated in
the context of symbiosis with plants [102,103,127,128] due to
the existence of wide-spread plants-Rhizobium symbiosis. In the
context of symbiosis, some terrestrial models relate net primary
production [89,131,132] or evapotranspiration [89,133] of plants
to the rate of N2 fixation. The net primary production of the host
plant has been modeled based on the cost for N2 fixation and light
availability [134]. Whereas most models are developed in the con-
text of symbiosis, there are models that combine both symbiotic
and non-symbiotic N2 fixation, prescribing different temperature
functions to each type [101,130].

Simple models have the advantage of mathematical trans-
parency; they are easier to interpret and apply. They are also com-
putationally cheap for global-scale biogeochemical applications.
On the other hand, they may gloss over many processes which
are known to be important and they are usually not easy to cali-
brate or test with the exploding database of ‘omics observations
because the currencies of simple models tend not to translate sim-
ply into genes or transcripts. For example, gene-copy per cell is
highly variable taxonomically, thus hard to relate to biomass. Tran-
scription can be fleeting and highly taxonomically specific. One
way to exploit ‘omics data more directly is to develop models at
the genome-scale.

2.2. Detailed metabolic models

Detailed metabolic models are on the other side of the complex-
ity spectrum, since they include genome-scale simulations which
represent metabolic networks of hundreds of reactions (Fig. 4),
generally using FBA (Flux Balance Analysis) [135–138]. FBA is a
mathematical method for simulating a balanced metabolic flux
network of any size based on optimization of fluxes, which is done
by matrix computation. Many potentially viable network configu-
rations are possible in order to satisfy given boundary conditions
and optimization targets. Optimal network configurations are
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sought by maximizing biomass production [137,138], minimizing a
number of metabolic pathways [139,140] or other constraints. The
strength and a key application of such simulations is to predict
metabolic organization and fluxes from observed genomes
[135,141,142]. The volume of genome sequences is rapidly increas-
ing, enabling the application of FBA to a wide range of organisms
including N2 fixers.

Despite the wide use of FBA, there are still challenges. First, the
model output is often hard to compare with data. It is rarely the
case that data to constrain hundreds of pathways are available
[143], and the comprehensive test of the output is challenging
and often highly qualitative. The models typically evaluate meta-
bolic fluxes but not the abundance of metabolites or macro-
molecules, which have been actively measured recently
([123,144–146]). Genome scale simulations may be computation-
ally demanding in order to find the optimum (see Table 1 for def-
inition) of thousands of solutions [135,138]. Although a genome-
scale FBA can be run on a laptop computer, current codes can take
seconds to minutes for a single solution, limiting their application
in large-scale ecosystem simulations. However, there have been
efforts to overcome this challenge (e.g., [147–149]).
2.3. Coarse-grained models

Coarse-grained models lie between the complexity of the sim-
plified equation and genome-scale FBA approaches described
above: they include more detailed physiologies than simple analyt-
ical equations may allow, but resolve fewer metabolic pathways
than the genome-scale simulations [150] (Fig. 4). Typically they
resolve an idealized and simplified representation of metabolic
pathways at the level of major cellular function including biosyn-
thesis, respiration and photosynthesis as well as N2 fixation as a
whole [53,98,99,121,151]. These models are typically constrained
by conservation constraints on elemental, electron and energy
budgets [27,53,152,153]. Some coarse-grained models resolve
macromolecular allocation [121,122,154], which can be compared
with emerging sources of macromolecular and proteomics data.

Whereas there are variations in coarse-grained models, they
can be made computationally efficient and possibly incorporated
into larger models. Especially, optimization related loops within
the computational codes are not essential [75,83,121], which
would increase the computational load significantly. The imple-
mentation of a coarse-grained model of N2 fixer in regional-scale
model has been recently done for a major marine N2 fixer, Tri-
chodesmium [105]. The implementation of coarse-grained models
of N2 fixers in global scale models has not been done, but is possi-
ble. Although comprehensive metabolic pathways may not be
reconstructed from genomic data as can be done for FBA, metabolic
pathways can be selectively included [155], creating variations in
the network of metabolic fluxes [27,75,153,156]. Compared to
other two types of models, coarse-grained models do not have a
set of ‘‘standard formulas” and can be flexibly modified for specific
purposes or available data: especially suited for bulk measure-
ments such as those from batch-cultures or chemostat-cultures
[58,85,123,146,157–159].
3. Modeled organisms

For obvious reasons, most physiological models have been
developed around ‘‘model organisms” which have been extensively
studied in laboratories. Here we discuss selected major model
organisms and group them based on the environment (terres-
trial/freshwater and marine), the modeling approaches applied,
(Fig. 5) and the inferences gained from those models.
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3.1. Nitrogen fixers in terrestrial and freshwater environments

Terrestrial N2 fixers are classified broadly based on whether
heterotrophic or photoautotrophic and whether free-living or sym-
biotic (Fig. 5). Here we select key organisms for quantitative mod-
els and explore which modeling strategies have been applied.

3.1.1. Azotobacter
Key modeled free-living organisms are soil dwelling hetero-

trophic unicellular bacteria (Fig. 5), Azotobacter vinelandii, which
is also considered as ‘‘a model organism” in laboratory studies
[9]. During the latter half of the 20th century, simple equations
were used to describe the quantitative relationships between the
growth rate, yield and maintenance costs as well as substrate con-
centration [160,161]. Similarly, simple equations were applied to
the chemostat culture data of relationships between resource C:N
ratio and the rate of N2 fixation under various O2 concentrations
[162], where different parameters are prescribed for each O2 con-
centration. Recently, a coarse-grained model (Cell Flux Model or
CFM) has been developed [27,53], which simulates these chemo-
stat data sets [161–163] with a single-set of parameters. This
model revealed a high C cost of respiratory protection (respiration
for reducing intracellular O2 to protect nitrogenase, which is O2

sensitive) both under diazotrophic condition [53] and when NH4
+

is added to the culture [27]. Even when N2 fixation did not occur
due to the addition of NH4

+, the respiratory protection occurs, sug-
gesting that respiratory protection is decoupled from N2 fixation
[27]. The study provided a quantitative baseline for modeling the
direct and indirect costs of N2 fixation more generally. During
the similar time period, FBA was applied to Azotobacter and
showed that O2 availability affects TCA cycle, PP pathway and algi-
nate and P3HB (poly-3-hydroxybutyrate) biosynthetic fluxes [164].

3.1.2. Rhizobium
A major terrestrial symbiotic heterotrophic N2 fixer is Rhizo-

bium, which creates bacteroids within the root nodules (legumes)
of plants (e.g., clovers and alfalfa) [165] (Fig. 5). The bacteroid fixes
N2, much of which is transported to the plants and supports their
growth. Several models have been developed based on simple
equations for various purposes. For example, simple equation
models representing symbiotic N2 fixers in legumes [101–
103,127,130,134], have been used for various purposes including
estimation of the magnitude of terrestrial N2 fixation.

As more genomics data for Rhizobium become available
[166,167], detailed metabolic models have also been developed.
Recently FBA was applied to Rhizobium [137] and showed different
metabolic regimes based on O2 and carbohydrate update rates.
This FBA framework is further extended based on the genomics
and proteomics data [100]. However, coarse-grained type models
of these systems do not seem to exist, despite their potential ben-
efits. This might be due to the difficulty in bulk quantitative mea-
surements of bacteroid metabolism/properties as they are tightly
integrated in plant tissues, which would be essential in constrain-
ing the model.

3.1.3. Anabaena
Anabaena is a cyanobacterium (photo-autotrophic prokaryotic

alga) both free living and symbiotic with fern plant (Azolla)
[168–170]. We note that genus Anabaena has been renamed to
Dolichospermum but here we use the term Anabaena as it has been
more commonly used. They form a chain of cells (trichome)
(Fig. 5), within which there are heterocysts [64,171,172]. Specifi-
cally, heterocysts are visually distinct with thick glycolipid layers
on the cell membrane, which protects the cytoplasm and thus
nitrogenase from O2 [65,73,173]. Some studies show that bacteria
specifically associated with heterocysts can provide respiratory



Fig. 5. A list of major modeled N2 fixers and current state of model development. Checkmarks indicate that the model has been developed in each way. Numbers below the
check marks are example references.
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protection from O2 [174]. Heterocysts do not evolve O2 since it
lacks functional photosystem II (PSII), which evolves O2, but can
harvest light energy with photosystem I (PSI) [64,65,175]. The light
energy harvested by PSI can be used for ATP synthesis based on the
cyclic electron flow and proton pumping, possibly supporting N2

fixation [176]. Other cells, termed vegetative-cells, photosynthe-
size during the day, providing fixed C to heterocysts [177].

A simple equation model of Anabaena has been developed pre-
dicting the growth rate based on temperature, light and phospho-
rus availability and its intracellular quota [178]. Also, a coarse
grained model of Anabaena has been developed, resolving the
clock-controlled and non-clock-controlled protein synthesis, cap-
turing the observed diurnal patterns of protein synthesis [179].
Later, these two models are combined, resolving heterocyst differ-
entiation based on a wide range of laboratory experiments [152].
We note that there have been various modeling efforts to predict
heterocyst development with various modeling complexities
[180–186]. There also exist models of simplified equations for pre-
dicting growth rates [180,187]. Furthermore, FBA has been applied
to Anabaena resolving both vegetative cells and heterocysts [188],
which suggests the importance of the exchange in metabolites in
achieving observed growth rates.
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3.2. Nitrogen fixers in marine environments

Although there is a wide variety of marine N2 fixers, currently
most quantitatively modeled organisms are cyanobacteria (Fig. 5)
[75,83,99,153,189,190]. Since cyanobacteria produce O2 through
photosynthesis, O2 management is one key topic in modeling stud-
ies and is chiefly considered with coarse-grained models due to
their capability of quantifying intracellular molecules [75,83,191].
Here we explore three of the key N2 fixers in the ocean [2,3] and
their distinct O2 management strategies.

3.2.1. Trichodesmium
Trichodesmium is a filamentous multicellular N2 fixer dis-

tributed across the ocean (Fig. 5) [2,3]. They fix N2 during the
day, when O2-producing photosynthesis occurs [60,192]. The dis-
tribution of Trichodesmium has been predicted by various ecosys-
tem models [104,106,193,194] that express its physiology by
simple equations directly connecting external environments to
the rate of growth and N2 fixation. In such models, it is generally
assumed that the uptake of fixed N is zero and the maximum
growth rate is smaller than non-N2-fixing counterpart as a handi-
cap for N2-fixing capability. Trichodesmium has also been modeled
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in a coarse-grained way, the beginning of which resolves the diur-
nal cycle of C and N, showing that N2 fixation increases when the
availability of fixed N decreases [189]. More recently, a simplified
version resolves intracellular O2 [83], predicting multiple O2 man-
agement mechanisms, such as respiratory protection and barrier
against O2. An optimization based coarse-grained model resolving
C, N and P fluxes has also been developed [99], and incorporated
into regional marine ecological framework [105], showing that
low P availability favors N2 fixation, which explains the presence
of N2 fixation under high N:P supply ratios. There is also a model
that resolves Fe allocation as well as C concentrating metabolism
[195], predicting significant decrease in N2 fixation by Tri-
chodesmium especially in Fe limited regions. Genome-scale FBA
has been applied to Trichodesmium predicting that about 15% of
cells are actively fixing nitrogen (diazotrophic), which is within
the range of observation, and about 30% of total fixed N leaks to
the environment [149].
3.2.2. Crocosphaera
Crocosphaera is a unicellular cyanobacterium (Fig. 5) mainly

found in oligotrophic oceans [2,3,196]. It fixes N2 during the dark
[85], temporally avoiding O2 evolving photosynthesis [60]. A pro-
teomics study highlighted the recycling of iron within the cell
between nitrogenase and photosystems on a daily basis [56]. In
ocean ecosystems, Crocosphaera has been included as simple equa-
tions (often represented as unicellular N2 fixers) [56,104,106]. One
model illustrated the fitness advantage and extended range
enabled by daily Fe recycling in the oligotrophic Pacific where Fe
is scarce [56].
Fig. 6. Nitrogen fixers modeled by coarse-grained models and resolved elements. Check
O2 and fixed-N uptake indicates uptake of NH4

+ or NO3
�. Numbers below the check mark

3913
There are multiple types of coarse-grained models for Cro-
cosphaera. Some resolve functional molecules without diurnal cel-
lular cycles [153,156]. One model resolves diurnal cycles of cellular
C and N metabolisms, with more coarse molecular representation
[98]. Recently, a model with a diurnal cycle resolving intracellular
O2 concentrations and Fe cycles has been developed showing that
O2 and the level of respiration are key factors in constraining their
niche in warm waters (>20 �C) [75]. Furthermore, a model resolv-
ing heterogeneous N2 fixation among the population showed that
such heterogeneity decreases the cost for O2 management and
extends the depth niche of Crocosphaera [191].

FBA has been applied to a similar diazotrophic cyanobacteria
Cyanothece strain ATCC 51142 [197], which is found in coastal
waters [198] and has recently been re-classified as Crocosphaera
subtropica ATCC 51142 [199]. The results show that the light-
harvesting-balance between photosystem I and II impacts the
growth rate and metabolic organization [197].
3.2.3. Richelia
Richelia is an obligate symbiont [200] (Fig. 5), having a similar

appearance as Anabaena with vegetative cells for photosynthesis
and heterocysts for N2 fixation [201]. Like Anabaena, Richelia has
heterocysts for N2 fixation [31,202–206]. Richelia is associated with
diatoms, providing fixed N to the host diatom [207]; the symbiosis
is generally termed a Diatom-Diazotroph-Association or DDA
[2,31,108]. DDAs have long been recognized [208,209], and
resolved in ecological simulations [104,106,108,190]. Simple equa-
tions have been applied to represent DDAs in ocean models, with
growth limitation by silica (which is used for diatom’s frustules
marks indicate that each element/parameter is simulated. O2 indicates intracellular
s are example references.
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[104,106]) and maximum growth rates higher than other N2 fixers
but lower than non-N2 fixers [104,106]. Using such a trait-based
approach a recent modeling study argued that seasonal variations
in resource availability would select for faster-growing DDAs in the
summer months in the North Pacific Subtropical Gyre, consistent
with observations [108]. The hypothesized fast high growth rate
of DDAs could be explained by C transfer from the host by a more
recently developed coarse-grained model focusing on C and N
metabolisms, which also suggests C transfer from the host diatom
to Richelia to support the high rate of N2 fixation [190].
4. Resolved elements in coarse-grained models

Whereas simple equations and detailed-metabolic models have
common forms [100,104,106,188,190], coarse-grained models are
highly variable due to their flexibility to adapt to different pur-
poses [27,75,83,99,152,153,156,189,190]. One of the key variations
is the number and variety of elements resolved in the models.
Many models resolve C and N fluxes but fewer models consider
P, Fe (Fig. 6) or other elements explicitly. In this section, we review
the variation in coarse-grained models based on an elemental (N, P,
Fe) and molecular perspective (e.g., O2, NH4

+ and NO3
� (nitrate))

(Fig. 6) since these resources are known to strongly affect the rate
of N2 fixation [25,54,162,210–213].

4.1. C and N fluxes

C and N fluxes are key elements in simulating N2 fixers since
these are major cellular elements [155,214,215]. For heterotrophs,
fixed C is acquired from the external environment, whereas for
autotrophs, they can use CO2. C and N are two of the most abun-
dant elements in cells and often growth limiting factors
[161,163,216]. H and O are generally abundant in the environment
(from H2O) unless it is arid. As such, C and N have been the central
currencies for coarse grained models of N2 fixers since their incep-
tion [27,53,75,152,153] (Fig. 6).

4.2. P fluxes

P (phosphorus) is essential for cellular growth through its role
in nucleic acids, ATP, phosphorylation of various molecules, and
other purposes [16,17]. The cellular P level is sometimes quantified
in experiments with marine nitrogen fixers [36,215,217–219], but
not as often as C and N, possibly due to the difficulty in measure-
ments. Thus, the data are still limited and accordingly, coarse-
grained models resolving P fluxes are limited (Fig. 6). However, a
chemostat culture study provided cellular P of Crocosphaera
[215], and coarse-grained model resolving P has been developed
accordingly to the data resolving simplified macromolecular allo-
cation [156]. Also, other optimization models for Crocosphaera
[153] and Trichodesmium [99] resolve P fluxes.

4.3. Fe fluxes

Fe is mainly used in photosystems, respiratory complexes, and
nitrogenase [56,220]. Thus, it is essential in cellular growth and
maintenance despite the fact that the cellular quota of Fe is small
relative to C, N and P [221]. Trace metal measurements require par-
ticularly clean laboratory techniques and data on Fe have been rel-
atively scarce. Just a few models have explicitly resolved iron
physiology in nitrogen fixers, including studies of Crocosphaera
[75,153] and Trichodesmium [195] (Fig. 6). Especially, in Cro-
cosphaera, the intracellular Fe cycling is shown to be closely cou-
pled with C and N metabolisms [75]. One optimization model
[153] used data of external Fe concentration for various growth
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data [222], to constrain daily average Fe fluxes. Saito et al. esti-
mated Fe allocation from the protein of Fe contents, showing diur-
nal cycling of Fe between nitrogenase in Crocosphaera [56]. This
was reproduced by a coarse-grained model of this organism which
illustrated its role in organizing the diurnal cycling of cellular
metabolisms [75]. A model of Trichodesmium resolved Fe to study
the response to ocean acidification, predicting that the negative
effect of ocean acidification on N2 fixation will be especially severe
in Fe-limited regions [195].

4.4. Fluxes and intracellular concentration of O2

Intracellular O2 is a key factor in predicting the rate of N2 fixa-
tion since it negatively affects the activity of nitrogenase [54,212].
Despite such importance, the direct measurements of intracellular
O2 are not feasible and models provide a way to interpret the rela-
tionship between oxygen and N2 fixation. Recent models have
explored the impact of respiration and photosynthesis on O2 man-
agement by a variety of N2 fixers. This approach was recently intro-
duced in a coarse-grained model of Azotobacter [27,53] (Fig. 6).
Based on the O2 fluxes and the assumption of intracellular anoxia,
models predicted the presence of a protective barrier reducing the
diffusivity of oxygen across membranes as well as enhanced respi-
ration to control intracellular oxygen, consistent with laboratory
studies [53]. A similar approach was applied to Trichodesmium
[83] and Crocosphaera [75], suggesting that they also employ a bar-
rier to the invasion of oxygen. These results are supported by the
recent observation that N2 fixing marine cyanobacteria encode
for hopanoid lipids, which would reduce the membrane diffusivity
[223]. Notably, the model of Crocosphaera suggests that Cro-
cosphaera may only survive in high temperature regions (>20 �C),
since at lower temperatures respiration rate drops and intracellu-
lar O2 increases [75].

4.5. Fixed N uptake and its influence on N2 fixation

The uptake of fixed N (e.g., NO3
� and NH4

+) has been observed to
down-regulate N2 fixation [25,54,162,210–213] (Note that there
are cases that such downregulation does not seem to occur
[78,224–226]). Whereas extensive studies have revealed mecha-
nisms of down-regulation [227], the quantitative models resolving
this effect have been scarce (Fig. 6). A coarse-grained model of Ana-
baena resolved the growth based on various fixed N species and the
process of their assimilation into biomass. The model captured the
observed negative correlation between NO3

� and NH4
+ uptake and

NifH (nitrogenase ironprotein) level aswell as the inhibitionof hete-
rocyst differentiation by fixed N [152]. Recently, a coarse-grained
model of Azotobacter resolved fixed N uptake showing that the rate
of N2 fixation is optimally regulated, so that biomass concentration
is maximized [27]. The model suggested that even when entirely
growing on fixed N source, this organism still invested in high rates
of respiration associatedwith respiratory protection. FixedNuptake
was included in a coarse-grained model of Crocosphaera based on
chemostat culture data, which shows that N2 fixation may increase
their population despite the presence of NH4

+ [156].
5. Remaining challenges

While substantial progress has beenmade inmodeling N2 fixers,
models have plenty of room to improve in mechanistic and taxo-
nomic breadth and detail (Fig. 7). For example, though relative
resource supply and demand may be an important factor in deter-
mining the fitness of nitrogen fixers, many coarse-grained models
do not resolve key elements (e.g., P, Fe). There are many open ques-
tions concerning N2 fixation and the physiology of N2 fixers



Fig. 7. Some future applications of the physiological models of N2 fixers. (A)-(C) Organisms that have not been quantitatively modeled. (D) Incorporating coarse-grained
models into large-scale simulations. Picture for a large scale model made by Oliver Jahn.
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[3,4,9,26,29,31,41,92,228,229] and models have a role to play in
hypothesizing and testing novel and quantitative explanations.
Some important and physiologically interesting N2 fixers have not
yet been addressed with quantitative models [26,29]. Here we out-
line some of the outstanding questions and discuss possible future
directions in which modeling contributes to addressing them.
5.1. Trichodesmium paradox

Trichodesmium fixes N2 and photosynthesize during the light
period [60,192]. This is paradoxical since Trichodesmium lacks
heterocysts and the nitrogenase is sensitive to the O2 produced
by photosynthesis [54,212]. The activity of PSII (where O2 is pro-
duced) switches on and off with a time scale of minutes [92,230],
which would lead nitrogenase to be exposed by O2 frequently. A
recently developed coarse-grained model resolving average meta-
bolism shows that the residence time of O2 is in a time scale of sec-
onds [83]; thus metabolic switching from photosynthesis to non-
photosynthesis with high respiration may deplete the intracellular
O2 quickly. Further modeling to resolve the dynamic regulation of
photosynthesis on time scales of minutes may reveal the strategies
and associated costs of sustaining N2 fixation in the marine
environment.

It has been suggested that the microzone of low O2 in a colony
of Trichodesmium plays a role in supporting N2 fixation [231]. How-
ever, it has been challenged by recent studies that observe higher
O2 in a colony than the environment [232] and higher N2 fixation
rates in a free-floating filament than in a colony [84]. Despite that,
there are still cases with lower O2 in a colony during the middle of
the day [84,233] and models would be useful in exploring the low
O2 effect as well as why free-floating filaments have higher rates of
N2 fixation.
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5.2. Modeling more organisms and outstanding questions

5.2.1. Symbiosis
N2 fixers are often found in symbiotic relations

[32,165,229,234,235]. Under N limitation, they provide fixed N to
the host supporting their growth. In terrestrial systems, Rhizobium
and Anabaena are well known symbionts with plants [4,5,32,234],
but physiological models of these symbiotic relationships are still
limited. For example, current models focus mostly on the N2 fixers
and may not provide a larger picture of symbiosis and nutrient
exchanges. How much C should be transferred to the N2 fixers
for the optimum growth under different conditions? What con-
strains the rate of N2 fixation in symbiosis? Are there ways to
increase symbiotic N2 fixation by genetic modification? These are
still open questions, and models of various levels may provide
quantitative predictions and guide empirical studies.

In marine systems, DDA symbioses have long been known
[208,209], but mysteries remain. For example, what molecules do
the partners exchange [31,190]? A recently developed coarse-
grained model predicts C transfer from the host diatom leading
to the hypothesis that some C molecules are pre-processed within
diatoms before transfer to the diazotroph [190]. Simulating N2 fix-
ers and hosts together with genome-scale FBA simulations could
yield new insight into the types and rates of exchange that would
optimize biomass production, which may be tested with laboratory
studies [236].

The recently discovered symbiosis between UCYN-A and hapto-
phyte (related to Braarudosphaera bigelowii) [29,228,237,238]
(Fig. 7A) has been receiving increasing attention. Recent studies
show considerable rates of N2 fixation and ubiquity of this symbio-
sis in the global ocean [28,239–241], indicating its potential signif-
icance in the global N budget and ecosystems. Despite this, theory
and models specific to UCYN-A have not been developed, which
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could provide testable hypotheses addressing outstanding ques-
tions such as ‘‘what molecules are exchanged?”, ‘‘how may such
molecular exchange vary under different conditions?”, ‘‘how does
the symbiotic relationship give an advantage over non-symbiotic
N2 fixers?” and ‘‘why are symbiotic relationships specific?”.
Genetic data provide useful qualitative information in modeling
the symbiosis. For example, a genetic study revealed a lack of PSII
and TCA and Calvin cycles in UCYN-A [242], which can be repre-
sented both in coarse-grained models or more detailed metabolic
models.

5.2.2. Marine heterotrophic bacteria
More and more genetic studies show that nifH gene for hetero-

trophic bacteria is ubiquitous [26,243–246]. However, these stud-
ies do not always confirm substantial active N2 fixation by these
organisms, but such potential has been suggested [26,247]. What
is the contribution to global fixation, why is this functionality so
universal, and what are the conditions that allow heterotrophic
bacteria to fix N2? Marine organic particles (Fig. 7B) have been
thought to be loci for N2 fixation by these organisms
[26,27,248,249]. Particles contain high fixed N, which may sup-
press N2 fixation [25,210,211], but would there be a window of
time when fixed nitrogen is depleted and N2 fixation occurs? Or
do they fix N2 when the ambient concentration of fixed N is high?
Alternatively, respiration in organic particles can provide anoxic
microenvironments that circumvent the O2 management problem
that N2 fixers face in the surface ocean [250]. These questions may
be quantitatively answered based on a coarse-grained model [27]
combined with a simulation of particle environment [251]. In addi-
tion to the particles, benthic microbial mats may also provide low
O2 environment [252,253], which would also favor N2 fixation by
heterotrophic bacteria. Physiological model of N2 fixers in the con-
text of molecular diffusion in the benthic mat would be useful in
quantifying the threshold and the rates for this process.

5.2.3. Anaerobic nitrogen-fixing bacteria
Anaerobic bacteria are also of interest for modeling (Fig. 7C),

they mainly exist in sediments or hypersaline environments where
O2 concentration is low [25,41]. In such environments, O2 is not a
major problem for anaerobic N2 fixers such as Clostridium [41].
How much advantage does the anaerobic environment give to N2

fixers? What controls the rate of N2 fixation? What mechanisms
and conditions allow for N2 fixation? In sediments, significant
amounts of NH4

+ are detected, but anaerobic N2 fixation still seems
to occur [25,41,210,211,254–256]. Models can help to resolve
these questions by quantifying the costs, benefits, and trade-offs
of N2 fixation in these environments.

5.3. Application of coarse-grained models in larger scale simulations

In large scale ecological models, simple equations are used to
represent physiologies of N2 fixers [101,104,106,107,114,129].
However, as for any model, this approach has some limitations.
First, such models may not consider the intracellular concentration
of O2, which can have a significant impact on N2 fixation [54,75].
Second, models generally assume intracellular properties are con-
stant, while in reality they change with the environment (e.g., ele-
mental stoichiometry [85,215,218]). Furthermore, these models
generally do not consider the effect of fixed N in the environment
(e.g., decreased N2 fixation due to the presence of NH4

+). One possi-
ble solution is to include coarse-grained models into larger-scale
models (Fig. 7D). The coarse-grained models lie in a sweet spot
between level of detail and computational efficiency and have
potential to resolve essential cellular properties [150]. Efforts in
this direction have already been started [105], and more modeling
tools have been developed (e.g., Cell Flux Models [27,53,75,83])
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that can be incorporated in the next generation of ecological mod-
els, both for marine and terrestrial systems. Since coarse-grained
models require higher numbers of equations and parameters than
those of simple equations, constraining them will require contin-
ued expansion and curation of accessible laboratory data.

6. Enhancing collaboration between theory and observation

Modeling and experiments are complementary to each other
(Fig. 8). Experiments are essential in discovering new phenomena
and developing conceptual understanding. They provide the quanti-
tative data that is essential for testing theories and constraining
parameterizations. Models are often useful for synthesizing and
organizing understanding, interpreting observed phenomena, as
well as stimulating new hypotheses and testable predictions. An
increasing number of studies combine these two different types of
approaches, but its considerable potential remains only partly real-
ized. In this section, hoping to stimulatemore of such collaborations,
we describe two types of model-experiment collaborations (Fig. 8)
and list examples of useful data for developing models (Fig. 9).

6.1. Experiment-model cycles

One type of collaboration is the experiment-model cycle
(Fig. 8A). Experiment provides ingredients for computational mod-
els which produce new, testable hypotheses stimulating further
experimentation. Also, in time, model predictions can be tested by
experimental measurements, which may lead to modification of
modeling. This type of cycle was proposed for Systems Biology dur-
ing the beginning of the 21st century [257,258] and applies toN2 fix-
ers as well. For example, based on laboratory data, coarse-grained
models suggested the existence of a strong barrier for O2 diffusion
[75,83], which can be experimentally tested by analyzing the prop-
erties of cellular membrane. In fact, the supporting evidence has
been shown recently with genetics study [223]. Based on the
cellular-size information from observation, a coarse-grained model
of DDAs suggested the existence of significant C transfer from the
host diatom toN2 fixer inDDA [190]. Thismodel-derived hypothesis
may also be tested, for example, with NanoSIMS experiments (a
technique for visualizing spatial patterns of elemental accumula-
tions [28,191,259,260]), which in turn may change model parame-
terization. This cycle leads to the deep, robust, and mechanistic
understanding of the cellular system of N2 fixers.

6.2. Experiment-model synthesis

Another type of collaboration is a rather simple one-time com-
bination of experiment and model, which provides theory and
quantitative implications (Fig. 8B). This can be applied when the
model results may not be tested by experiment easily or when
technical barriers preclude experimental tests. For example, a
recent NanoSIMS study showed heterogeneity in multiple types
of unicellular N2-fixing cyanobacteria (some cells fix N2 and others
do not), based on which a coarse-grained model was developed,
showing that such heterogeneity reduces C costs and expands
the depth niche on N2 fixers in the open ocean [191]. This model
prediction is hard to test in observation or experiments, since we
still do not know how to experimentally modulate the number of
active cells. Based on a batch culture study, another coarse-
grained model was developed showing that respiration rate drops
with temperature, which in turn leads to increase in O2 concentra-
tion in the cell, reducing the rate of N2 fixation [75]. This hypoth-
esis is rather difficult to test, as intracellular O2 may not be
measured with current techniques. In these cases, models are used
to complement experiments, expanding the view/implication
based on quantitative theories.



Fig. 8. Proposed collaborative schemes between modelers and biologists when studying N2 fixation. (A) Model-experiment cycling. (B) Experiment-model synthesis (linear
flow). (A) is when model-based hypotheses are testable and (B) is when otherwise. Figure inspired by [257,258].
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6.3. Examples of useful experimental methods

6.3.1. Chemostat culture
Chemostat culture is a widely used method providing essential

data for quantitative models (Fig. 9A). Its strength is based on that
the steady state is created in the culture where the cellular growth
rate is known from the dilution rate (flow rate of the medium)
[157,159,261]. Since the growth rate and steady state condition
are useful factors in constraining all types of models, the data from
chemostat culture have been widely used in modeling studies
[58,157,159,161–163,192,215,262–264] because the steady state
makes for mathematically simple and tractable models. In particu-
lar, many of the coarse-grained models have been developed based
on chemostat data [27,53,98,99,152,153,156]. The method can be
labor intensive [159] and technically challenging, limiting the
number of available data. However, the method has high value
for the development of coarse-grained models.
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6.3.2. Batch culture
In batch cultures a nutrient-rich medium is inoculated with

live cells whose population grows and consumes the resources
[211,217,265–267] (Fig. 9A). Over time, the nutrients are depleted
and population growth slows. The strength of this method is its
simplicity relative to the chemostat culture. The environment
within the culture changes continuously, so time-dependent
models are required to simulate and interpret these experiments.
However, for models built on a dynamical framework that cap-
tures time-dependent biological responses [75,99,152,153], the
batch culture data can be of great use. If acclimation occurs suf-
ficiently rapidly that cellular composition stays close to optimal
over the time-course of the experiment, we might use a quasi-
steady state modeling approach to represent the physiology.
There have been efforts to adapt FBA to dynamic situations
[147,148,268] and this approach has started to be applied to N2

fixers [149].



Fig. 9. A list of biological experiments and data important for modeling N2 fixation. (A) Culturing and sampling methods. (B) List of useful parameters from (A). (C) Emerging
technologies that are potentially useful for the models.
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6.3.3. Observation (field measurements)
Field observations and in situ measurements (Fig. 9A) are highly

valuable for modeling. However, the environment is highly com-
plex and often challenging to use such data for model parameter-
ization for individual organisms. For example, in the ocean,
microbial populations are very diverse and mixed. However, com-
binations of technologies such as meta-‘omics’, [269–275] flow
cytometry [225,238,276], FISH (Fluorescent In Situ Hybridization)
[28,225,238,277] and NanoSIMS [28,207,225,259,260] allow obser-
vation and parametrization down to the level of individual cells.
Surveys of biogeochemical fluxes including N2 fixation can be com-
piled for comparison with larger-scale ocean and terrestrial
ecosystem simulations [101,102,104,106]. Global coverage of rates
of N2 fixation is still sparse [88,89,278], but recent technological
development allows high-frequency measurements of N2 fixation
[86,279], allowing for rapidly increasing data coverage over time
and space scales of the ocean.
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6.4. Examples of useful parameters

Models can help select and prioritize the key parameters for
which laboratory studies and field observations are most needed
to resolve outstanding questions, as illustrated in Fig. 9B. Cell size
provides hints for diffusivity of O2 into the cell [53,66,83,84] as
well as approximates cellular compositions [280–282]. To quantify
O2 fluxes and intracellular O2, data on O2 concentrations in the cul-
ture/environment are useful [61,84,232]. CO2 level is also impor-
tant for photosynthetic organisms as it may affect the rate of
photosynthesis and thus O2 evolution [35,283]. Unless testing the
effect of CO2 limitation, it is preferred that CO2 is pumped in the
culture to avoid the negative effect of CO2 limitation on photosyn-
thesis, as such effect would make the model parameterization
complex. Temperature is another important factor as it affects
the molecular diffusion [284,285] and cellular metabolisms [286–
288]. Growth rate is a known parameter for chemostat cultures
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[157,159,261], but it is also important for batch cultures, since
many model outputs are related to growth rates (e.g., N2 fixation,
respiration, photosynthesis, elemental stoichiometry
[158,161,215,264,289,290]). Cell concentration is required if it is
necessary to obtain per cell values such as elemental or molecular
mass. Cellular elemental stoichiometry provides the cellular
demand for each nutrient for a specific growth rate [58,215,218].
It is known to vary with growth rate, thus, values for multiple
growth rates are ideal (preferably at least 3 growth rates in case
the relation is non-linear) [158,215,291]. For photosynthetic N2 fix-
ers (e.g., Anabaena, Crocosphaera, Trichodesmium), the
photosynthesis-related parameters such as cellular content of
chlorophyll [215,264] and the rate of photosynthesis
[85,192,287] are useful as photosynthesis produces fixed C essen-
tial for cellular growth and metabolisms as well as O2, which is
detrimental to N2 fixation. The rate of N2 fixation is the essence
of N2 fixers and certainly is useful. More recent models include
macromolecular allocations [121,156,191] and related data, such
as the levels of lipid, carbohydrate, chlorophyll, protein and nucleic
acids [123,144,292] are useful in testing the model output from
these types models. Different studies use different units for output
data: some use per chlorophyll [192,219,293,294], other use per C
or N [35,213,262], per cell [58,85,264,295], per cellular volume
[215] or per cell suspension volume (e.g., seawater) [218]. Ideally,
these units are inter-convertible and, for this, the values for chloro-
phyll per cell, C and N per cell, and cellular concentration are valu-
able. Especially, chlorophyll content is highly variable
[158,215,264,296,297] and the data for chlorophyll (per cell or
per C) would be of great use if the data are to be presented per
chlorophyll.

6.5. Emerging experimental methods and data

Technological and experimental advancements provide new
types of data available for model development (Fig. 9C). Proteomics
and genomics indicate the presence of metabolic pathways, which
provide a basis for FBA [100,188]; FBA predicts a metabolic flux
network (and thus the partition of fluxes at metabolic branch-
points) based on possible sets of reactions informed from these
‘omics studies and the flux optimization for selected purposes
(e.g., maximizing biomass production) [100,137,138,149,188].
The information from genomics can also be useful for coarse-
grained models, since the model can selectively reflect distinct
metabolic patterns [242]. Proteomics can reveal the allocation to
enzymes that mediate key functions such as N2 fixation and photo-
synthesis [56], which have been resolved in some models
[75,99,152,153,186]. Also, some coarse-grained models coarsely
resolve protein allocation and could be better constrained with
more proteomics data. In the future, the rapidly advancing capabil-
ity to measure the presence and relative abundance of metabolites,
known as metabolomics [298,299], may complement FBA models,
together leading to quantification of both metabolites and meta-
bolic fluxes.

Sitting in between genomics and proteomics is transcriptomics,
providing the quantitative information for the level of specific
mRNAs [271,274,275]. Since a large part of mRNAs are used for
protein synthesis, transcriptomics provides implication for what
proteins are expressed/used within the cell. This measurement
may not strictly predict the level of proteins, since it does not pro-
vide information for the destruction of proteins (e.g., protein turn-
over [300]). Despite that, this technology has been widely used due
to low cost and low time requirement relative to proteomics.

Furthermore, metabolomics may be used to approximate the
composition of macromolecules, which would be useful in con-
straining coarse-grained models that resolve macromolecular allo-
cations. For example, comprehensive measurements of cellular
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amino acids [301] may be useful in estimating the level of cellular
proteins. Finally, NanoSIMS technology provides useful data in ele-
mental accumulation at (sub)cellular levels [28,191,259,260],
essential in modeling heterogeneous cellular activities [191], pro-
viding another layer of detail in modeling at any scale.
7. Summary and outlook

Overall, each type of model - simple equations, coarse-grained,
and detailed metabolic models - has its own strength and can be
applied to different problems. The coarse-grained type has been
applied to a wide range of applications and provided many new
insights, and still holds potential for further development. Proper
experimental data are essential for any type of modeling, and both
classic parameters and more recent technologies provide useful
information. Experiments and models are complementary and pro-
vide powerful synthesis of quantitative measurements and theory.
This synthetic approach has been rapidly expanding. With such
model-experiment synthesis, models can be expanded to cover dif-
ferent diazotrophic organisms, such as UCYN-A, marine hetero-
trophic N2-fixers, and anaerobic N2 fixers. As the emerging class
of coarse-grained models are incorporated into large-scale models,
we expect a rapid development and expansion of predictive skill
and understanding of the interactions between microbial ecosys-
tems, biogeochemistry, and climate.
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Quantifying oxygen management and temperature and light dependencies of
nitrogen fixation by Crocosphaera watsonii. mSphere 2019;4. e00531-19.

[76] Howarth RW, Marino R, Lane J, Cole JJ. Nitrogen fixation in freshwater,
estuarine, and marine ecosystems. 1 Rates and importance. Limnol Oceanogr
1988;33:669–87.

[77] Gier J, Sommer S, Löscher CR, Dale AW, Schmitz RA, Treude T. Nitrogen
fixation in sediments along a depth transect through the Peruvian oxygen
minimum zone. Biogeosciences 2016;13:4065–80.

[78] Fernandez C, Farı L, Ulloa O. Nitrogen fixation in denitrified marine waters.
PLoS ONE 2011;6:e20539.

[79] Tjepkema JD, Yocum CS. Measurement of oxygen partial pressure within
soybean nodules byoxygen microelectrodes. Planta (Berl) 1974;119:351–60.

[80] Tjepkema JD. Oxygen concentration within the nitrogen-fixing root nodules
of Myrica gale L. Am J Bot 1983;70:59–63.

[81] Wang D, Xu A, Elmerich C, Ma LZ. Biofilm formation enables free-living
nitrogen-fixing rhizobacteria to fix nitrogen under aerobic conditions. ISME J
2017;11:1602–13.

[82] Castillo T, López I, Flores C, Segura D, García A, Galindo E, et al. Oxygen uptake
rate in alginate producer (algU+) and nonproducer (algU-) strains of
Azotobacter vinelandii under nitrogen-fixation conditions. J Appl Microbiol
2018;125:181–9.

[83] Inomura K, Wilson ST, Deutsch C. Mechanistic model for the coexistence of
nitrogen fixation and photosynthesis in marine Trichodesmium. mSystems
2019;4:e00210–19.

[84] Eichner M, Thoms S, Rost B, Mohr W, Ahmerkamp S, Ploug H, et al. N2 fixation
in free-floating filaments of Trichodesmium is higher than in transiently
suboxic colony microenvironments. New Phytol 2019;222:852–63.

[85] Großkopf T, LaRoche J. Direct and indirect costs of dinitrogen fixation in
Crocosphaera watsonii WH8501 and possible implications for the nitrogen
cycle. Front Microbiol 2012;3:236.

[86] Tang W, Wang S, Fonseca-Batista D, Dehairs F, Gifford S, Gonzalez AG, et al.
Revisiting the distribution of oceanic N 2 fixation and estimating diazotrophic
contribution to marine production. Nat Commun 2019;10:1–10.

[87] Tang W, Li Z, Cassar N. Machine learning estimates of global marine nitrogen
fixation. J Geophys Res Biogeosciences 2019;124:717–30.

[88] Luo Y-W, Lima ID, Karl DM, Deutsch CA, Doney SC. Data-based assessment of
environmental controls on global marine nitrogen fixation. Biogeosciences
2014;11:691–708.

[89] Cleveland CC, Townsend AR, Schimel DS, Fisher H, Howarth RW, Hedin LO,
et al. Global patterns of terrestrial biological nitrogen (N2) fixation in natural
ecosystems. Global Biogeochem Cycles 1999;13:623–45.

[90] Galloway JN, Dentener FJ, Capone DG, Boyer EW, Howarth RW, Seitzinger SP,
et al. Nitrogen cycles: past, present, and future. Biogeochemistry
2004;70:153–226.

[91] Capone DG, Zehr JP, Paerl HW, Bergman B, Carpenter EJ. Trichodesmium, a
globally significant marine cyanobacterium. Science 1997;276:1221–9.

[92] Zehr JP. Nitrogen fixation by marine cyanobacteria. Trends Microbiol
2011;19:162–73.

[93] Mohr W, Großkopf T, Wallace DWR, LaRoche J. Methodological
underestimation of oceanic nitrogen fixation rates. PLoS ONE 2010;5:e12583.

[94] Minchin FR, Witty JF, Sheehy JE, Müller M. A major error in the acetylene
reduction assay: decreases in nodular nitrogenase activity under assay
conditions. J Exp Bot 1983;34:641–9.

[95] Minchin FR, Sheehy JE, Witty JF. Further errors in the acetylene reduction
assay: effects of plant disturbance. J Exp Bot 1986;37:1581–91.

[96] Witty JF,Minchin FR (1988)Measurement of nitrogen fixation by the acetylene
reduction assay; myths and mysteries. In: Beck D.P., Materon L.A. (eds.)
Nitrogen Fixation by Legumes in Mediterranean Agriculture. Developments in
Plant and Soil Sciences, , vol 32. Springer, Dordrecht. : 331–344.

[97] Lee KK, Watanabe I. Problems of the acetylene reduction technique applied to
water-saturated paddy soils. Appl Environ Microbiol 1977;34:654–60.

[98] Grimaud GM, Rabouille S, Dron A, Sciandra A, Bernard O. Modelling the
dynamics of carbon – nitrogen metabolism in the unicellular diazotrophic
cyanobacterium Crocosphaera watsonii WH8501, under variable light
regimes. Ecol Modell 2014;291:121–33.

[99] Pahlow M, Dietze H, Oschlies A. Optimality-based model of phytoplankton
growth and diazotrophy. Mar Ecol Prog Ser 2013;489:1–16.
3921
[100] Resendis-Antonio O, Hernández M, Salazar E, Contreras S, Batallar G, Mora Y,
et al. Systems biology of bacterial nitrogen fixation: high-throughput
technology and its integrative description with constraint-based modeling.
BMC Syst Biol 2011;5:120.

[101] Le Lin B, Sakoda A, Shibasaki R, Goto N, Suzuki M. Modelling a global
biogeochemical nitrogen cycle in terrestrial ecosystems. Ecol Modell
2000;135:89–110.

[102] Wang YP, Houlton BZ, Field CB. A model of biogeochemical cycles of carbon,
nitrogen, and phosphorus including symbiotic nitrogen fixation and
phosphatase production. Global Biogeochem Cycles 2007;21:1–15.

[103] Menge DNL, Hedin LO, Pacala SW. Nitrogen and phosphorus limitation over
long-term ecosystem development in terrestrial ecosystems. PLoS ONE
2012;7.

[104] Stukel MR, Coles VJ, Brooks MT, Hood RR. Top-down, bottom-up and physical
controls on diatom-diazotroph assemblage growth in the Amazon River
plume. Biogeosciences 2014;11:3259–78.

[105] Fernández-Castro B, Pahlow M, Mouriño-Carballido B, Marañón E, Oschlies A.
Optimality-based Trichodesmium diazotrophy in the North Atlantic
subtropical gyre. J Plankton Res 2016;38:946–63.

[106] Monteiro FM, Follows MJ, Dutkiewicz S. Distribution of diverse nitrogen
fixers in the global ocean. Global Biogeochem Cycles 2010;24:GB3017.

[107] Weber T, Deutsch C. Local versus basin-scale limitation of marine nitrogen
fixation. PNAS 2014;111:8741–6.

[108] Follett CL, Dutkiewicz S, Karl DM, Inomura K, Follows MJ. Seasonal resource
conditions favor a summertime increase in North Pacific diatom–diazotroph
associations. ISME J 2018;12:1543–57.

[109] Karl DM, Church MJ. Microbial oceanography and the Hawaii Ocean Time-
series programme. Nat Rev Microbiol 2014;12:699–713.

[110] Barton AD, Pershing AJ, Litchman E, Record NR, Edwards KF, Finkel Z V, et al.
(2013) The biogeography of marine plankton traits. Ecol Lett. 16: 522–34

[111] Weber TS, Deutsch C. Oceanic nitrogen reservoir regulated by plankton
diversity and ocean circulation. Nature 2012;489:419–22.

[112] Tagliabue A, Aumount O, DeAth R, Dunne JP, Dutkiewicz S, Galbraith E, et al.
How well do global ocen biogeochemistry models simulate dissolved iron
distributions? Global Biogeochem Cycles 2016;30:149–74.

[113] Moore JK, Doney SC, Kleypas JA, Glover DM, Fung IY. An intermediate
complexity marine ecosystem model for the global domain. Deep Sea Res II
2002;49:403–62.

[114] Moore JK, Doney SC, Lindsay K. Upper ocean ecosystem dynamics and iron
cycling in a global three-dimensional model. Global Biogeochem Cycles
2004;18:1–21.

[115] Le Quéré C, Harrison SP, Prentice IC, Buitenhuis ET, Aumont O, Bopp L, et al.
Ecosystem dynamics based on plankton functional types for global ocean
biogeochemistry models. Glob Chang Biol 2005;11:2016–40.

[116] Moore JK, Lindsay K, Doney SC, Long MC, Misumi K. Marine ecosystem
dynamics and biogeochemical cycling in the community earth system model
[CESM1(BGC)]: comparison of the 1990s with the 2090s under the RCP4.5
and RCP8.5 scenarios. J Clim 2013;26:9291–312.

[117] Laufkotter C, Vogt M, Gruber N, Aita-Noguchi M, Aumont O, Bopp L, et al.
Drivers and uncertainties of future global marine primary production in
marine ecosystem models. Biogeosciences 2015;12:6955–84.

[118] Monod J. The growth of bacterial cultures. Ann Rev Mar Sci 1949;3:371–94.
[119] Landolfi A, DietzeH, KoeveW, Oschlies A. Overlooked runaway feedback in the

marine nitrogen cycle: the vicious cycle. Biogeosciences 2013;10:1351–63.
[120] Moreno AR, Martiny AC. Ecological stoichiometry of ocean plankton. Ann Rev

Mar Sci 2018;10:43–69.
[121] Inomura K, Omta AW, Talmy D, Bragg J, Deutsch C, Follows MJ. A Mechanistic

model of macromolecular allocation, elemental stoichiometry, and growth
rate in phytoplankton. Front Microbiol 2020;11:1–22.

[122] Omta AW, Talmy D, Inomura K, Irwin AJ, Finkel ZV, Sher D, et al. Quantifying
nutrient throughput and DOM production by algae in continuous culture. J
Theor Biol 2020;494:110214.

[123] Liefer JD, Garg A, Fyfe MH, Irwin AJ, Benner I, Brown CM, et al. The
macromolecular basis of phytoplankton C:N: P under nitrogen starvation.
Front Microbiol 2019;10:763.

[124] Dutkiewicz S, Cermeno P, Jahn O, Follows MJ, Hickman AA, Taniguchi DAA,
et al. Dimensions of marine phytoplankton diversity. Biogeosciences
2020;17:609–34.

[125] Landolfi A, Koeve W, Dietze H, Kähler P, Oschlies A. A new perspective on
environmental controls of marine nitrogen fixation. Geophys Res Lett
2015;42:4482–9.

[126] Tilman D. Resource competition and community structure. Princeton, NJ,
USA: Princeton University Press; 1982.

[127] Menge DNL, Levin SA, Hedin LO. Evolutionary tradeoffs can select against
nitrogen fixation and thereby maintain nitrogen limitation. PNAS
2008;105:1573–8.

[128] Menge DNL, Levin SA, Hedin LO. Facultative versus obligate nitrogen fixation
strategies and their ecosystem consequences. Am Nat 2009;174:465–77.

[129] Houlton BZ, Wang YP, Vitousek PM, Field CB. A unifying framework for
dinitrogen fixation in the terrestrial biosphere. Nature 2008;454:327–30.

[130] Le Lin B, Sakoda A, Shibasaki R, Suzuki M. A modelling approach to global
nitrate leaching caused by anthropogenic fertilisation. Water Res
2001;35:1961–8.

[131] Thornton PE, Lamarque JF, Rosenbloom NA, Mahowald NM. Influence of
carbon-nitrogen cycle coupling on land model response to CO2 fertilization
and climate variability. Global Biogeochem Cycles 2007;21:GB4018.

http://refhub.elsevier.com/S2001-0370(20)30489-X/h0340
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0340
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0340
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0345
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0345
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0345
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0350
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0350
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0350
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0355
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0355
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0360
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0360
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0360
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0365
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0365
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0370
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0370
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0375
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0375
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0375
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0380
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0380
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0380
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0385
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0385
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0385
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0390
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0390
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0390
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0395
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0395
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0400
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0400
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0405
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0405
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0405
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0410
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0410
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0410
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0410
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0415
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0415
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0415
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0420
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0420
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0420
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0425
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0425
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0425
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0430
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0430
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0430
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0435
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0435
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0440
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0440
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0440
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0445
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0445
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0445
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0450
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0450
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0450
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0455
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0455
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0460
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0460
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0465
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0465
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0470
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0470
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0470
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0475
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0475
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0485
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0485
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0490
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0490
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0490
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0490
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0495
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0495
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0500
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0500
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0500
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0500
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0505
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0505
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0505
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0510
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0510
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0510
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0515
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0515
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0515
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0520
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0520
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0520
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0525
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0525
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0525
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0530
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0530
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0535
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0535
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0540
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0540
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0540
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0545
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0545
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0555
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0555
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0560
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0560
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0560
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0565
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0565
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0565
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0570
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0570
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0570
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0575
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0575
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0575
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0580
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0580
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0580
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0580
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0585
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0585
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0585
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0590
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0595
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0595
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0600
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0600
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0605
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0605
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0605
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0610
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0610
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0610
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0615
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0615
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0615
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0620
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0620
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0620
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0625
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0625
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0625
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0630
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0630
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0635
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0635
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0635
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0640
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0640
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0645
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0645
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0650
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0650
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0650
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0655
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0655
http://refhub.elsevier.com/S2001-0370(20)30489-X/h0655


K. Inomura, C. Deutsch, T. Masuda et al. Computational and Structural Biotechnology Journal 18 (2020) 3905–3924
[132] Oleson KW, Lawrence DM, Bonan GB, Drewniak B, Huang M, Koven CD, et al.
Technical description of version 4.5 of the Community Land Model (CLM).
NCAR Tech 2013.

[133] Wieder WR, Cleveland CC, Lawrence DM, Bonan GB. Effects of model
structural uncertainty on carbon cycle projections: biological nitrogen
fixation as a case study. Environ Res Lett 2015;10:44016.

[134] Vitousek PM, Field CB. Ecosystem constraints to symbiotic nitrogen fixers: a
simple model and its implications. Biogeochemistry 1999;46:179–202.

[135] Orth JD, Thiele I, Palsson BØ. What is flux balance analysis?. Nat Biotechnol
2010;28:245–8.

[136] Schuster S, Fell D. Modeling and simulating metabolic networks. In: Lengauer
T, editor. Bioinformatics: From Genomes to Therapies. Weinheim: Wiley-
VCH; 2007. p. 755–805.

[137] Resendis-Antonio O, Reed JL, Encarnación S, Collado-Vides J, Palsson B.
Metabolic reconstruction and modeling of nitrogen fixation in Rhizobium
etli. PLOS Comput Biol 2007;3:1887–95.

[138] Campos TD, Zuñiga C, Passi A, Toro JD, Tibocha-Bonilla JD, Zepeda A, et al.
Modeling of nitrogen fixation and polymer production in the heterotrophic
diazotroph Azotobacter vinelandii DJ. Metab Eng Commun 2020;11:e00132.

[139] Schuster S, Fell DA, Pfeiffer T. Is maximization of molar yield in metabolic
networks favoured by evolution? J Theor Biol 2008;252:497–504.

[140] Singh D, Carlson R, Fell D, Poolman M. Modelling metabolism of the diatom
Phaeodactylum tricornutum. Biochem Soc Trans 2015;43:1182–6.

[141] Oberhardt MA, Palsson B, Papin JA. Applications of genome-scale metabolic
reconstructions. Mol Syst Biol 2009;5:1–15.

[142] Feist AM, Palsson B. The growing scope of applications of genome-scale
metabolic reconstructions using Escherichia coli. Nat Biotechnol
2008;26:659–67.

[143] Raman K, Chandra N. Flux balance analysis of biological systems:
applications and challenges. Brief Bioinform 2009;10:435–49.

[144] Felcmanová K, Lukeš M, Kotabová E, Lawrenz E, Halsey KH, Prášil O (2017)
Carbon use efficiencies and allocation strategies in Prochlorococcus marinus
strain PCC 9511 during nitrogen-limited growth. Photosynth Res. 134: 71–
82.
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